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Almost contact metric structures are the nat-
ural odd-dimensional analogue to almost Her-
mitian structures. In recent years, almost con-
tact metric geometry has been intensively inves-
tigated, also in relation with CR structures.

The more relevant and well understood class
of almost contact metric structures, is given by
the normal ones. As it is well known, an almost
contact structure (ϕ, ξ, η) is normal if and only if

[ϕ,ϕ] + 2dη ⊗ ξ = 0, (1)

where [ϕ,ϕ] is the Nijenhuis torsion tensor of ϕ.
It is evident that the above Equation (1 holds in-
dependently by any Riemannian metric compat-
ible with the structure, although it has several
consequences on the Levi-Civita connection and
curvature of any of such a metrics. We now in-
troduce the following definition.

Definition An almost contact structure
(ϕ, ξ, η) is said to be natural if ξ ∈ Kerdη.

Also in the case of natural contact metric struc-
tures, the defining property is independent of the
particular Riemannian metric compatible with
the structure. At the same time, this property in-
fluences the geometry of any compatible metric.
After showing that natural almost contact metric
structures generalize both normal structures and
contact metric structures, we investigated their
geometric properties, with particular regard to
the three-dimensional case. We then classified
left-invariant natural almost paracontact metric
structures on three-dimensional Lie groups and
related classes of examples. Moreover, we also
classified CR structures corresponding to three-
dimensional left-invariant natural almost contact
structures and determined the minimal ones.
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